In order to allocate the raw water of the complex water supply system in Shenzhen reasonably, this paper studied the complex network relationship of this large-scale urban water supply system, which consists of 46 reservoirs, 67 waterworks, 2 external diversion water sources, 14 pumping stations and 9 gates, and described each component of the system with the concepts of point, line and plane. Using the topological analysis technology and graph theory, a generalized model of the network topological structure of the urban water allocation system was established. On this basis, combined with the water demand prediction and allocation model of waterworks, a water resources allocation model was established, aiming at satisfying the guaranteed rate of the water supply. The decomposition and coordination principle of the large-scale system and the dynamic simulation technology of the supply-demand balance were adopted to solve the model. The forward calculation mode of controlling waterworks and pumps, and the reverse calculation mode of controlling reservoirs and waterworks were designed in solving the model, and a double-layer feedback mechanism was formed, which took the reverse calculation mode as outer feedback and the reservoir water level constraint or pipeline capacity constraint as inner feedback. Through the verification calculation of the case study, it was found that the proposed model can deal well with the raw water allocation of a large-scale complex water supply system, which had an important application value and a practical significance. most of the existing studies are only discussed in the relevant water resources allocation model [3, 4] . However, the research on the rational allocation model and method of water resources has, as of now, made considerable progress, and it has been continuously developed and perfected in the rapid development of economy, society and science, and technology, achieving many valuable results [5, 6] . These studies provide a lot of scientific methods for the study of the optimal allocation of raw water in the urban water supply system on a mesoscale scale.
Introduction
The urban water supply system is the front-end water supply subsystem of the urban water resources system. Consisting of a variety of water sources and a variety of water transmission and distribution projects, it is a complex natural and artificial system that is used to meet the water supply needs of different periods with the development of large cities [1, 2] . Raw water refers to the natural water resources that have not been processed in the city. It is the main source of water for the life, production and ecology in the city. The allocation objective of raw water in the water supply system is to realize the rational utilization of water in the consumption areas, so as to promote the sustainable development of the society and economy. According to the literatures from all over the world, it is found that there are few studies on the allocation model of the urban water supply system, and that Table 1 . Basic graphic elements and their characteristics of the generalization chart of the water supply system.
Basic Element Object Type Realistic Objects and Main Characteristics
Point External water sources It is integrated into the water supply system as the virtual reservoir.
Reservoir
It is the water supply reservoir in the system, and it has the regulation capacity.
User
Mainly refers to the waterworks, including other water users; it is the demand side of the system.
Convergence node
Pipeline intersection node, no regulation capacity; inflow and outflow are strictly equal.
Line

General pipeline
Closed pipelines, open channels, etc. They usually have a high water head.
Pressurized pipeline
Including the pipelines that use a pressurized pumping station. The operation cost and head restriction of the pumping station should be considered in the calculation.
Artesian pipeline
Low-pressure pipeline, because of the low head; the direction and capacity of flow are affected by the water level on both sides.
Plane Water supply unit
It is composed of point and line elements in the region divided according to the management region or administrative region. It is the basic unit of dispatching decision-making and supply-demand balance statistics.
Through the above generalization, the relationship among the related objects in the water supply network can be transformed into the relationship among points, lines and planes in the graph structure. Among them, the water sources, reservoirs, waterworks, pumping stations and sluice gates correspond to the points in the graph structure, and the pipelines correspond to the lines in the graph structure. In the process of generalization, the upstream and downstream relationship between the reservoirs and the supply relationship between the reservoirs and waterworks should be followed.
There are many water sources in large-scale cities' raw water systems, and the structure of a water supply network is complex. In addition to the influence of various non-technical factors such as politics, economy, environment, decision preference and random natural factors such as rainfall and runoff, achieving reasonable results by using some existing optimization techniques is very difficult for the water allocation in this kind of raw water system. The main research content of water resources operation in large-scale cities focuses on how to conduct the unified dispatching for different water sources under the present hydraulic engineering structure of the water supply system, and how to formulate the optimal operation schemes to meet the raw water demand of waterworks, considering the complex structure and uneven spatial and temporal distribution of water resources. A large number of case studies showed that the dynamic simulation of the water resources supply-demand balance can comprehensively use advanced technologies, such as a system analysis and computer simulation, to describe the complex internal relations and external boundaries of the water resources system in detail [33, 34] . This paper will take the raw water dispatching system of Shenzhen as its research object. Based on a comprehensive analysis of the structural characteristics of this system, we will firstly establish a generalized structure of the water supply system of Shenzhen through topological analysis technology and graph theory. This generalized structure can reflect the characteristics of the system and be conducive to modeling and solving. Then, we will establish the optimal dispatching model of urban water by using the dynamic simulation technology of the water supply-demand balance. Through a systematic analysis and technical research, the water supply system in Shenzhen can be scientifically managed, and the optimal allocation of water resources can be realized, which has great theoretical and practical significance.
Methodology
Analysis and Generalization of Raw Water Allocation System in Shenzhen
There are many objects, such as reservoirs, waterworks, and pumps and gates, in the Shenzhen raw water dispatching system, and the system dimension is high, while the amount of data is large. Before formulating the whole city water supply dispatching scheme, it is necessary to make a related analysis and generalization for the whole city water supply network structure, so as to establish a dynamic model, which cannot only reflect the actual situation of the Shenzhen water supply system network, but can also realize the mathematical abstraction through a generalization.
The objects in the actual raw water dispatching system in Shenzhen can be divided into six categories: reservoirs, waterworks, water sources, pumping stations, gates and pipelines. The specific objects in this study include 46 reservoirs, 67 waterworks, 2 external water sources (Dongshen and Dongbu), 14 pumping stations, 9 sluice gates and many connecting pipelines. The main reservoirs, waterworks and their interconnections are shown in Figure 1 .
On the one hand, the complexity of the system is manifested in the large number of objects and the large amount of data. On the other hand, it is manifested in the complex relationship among these objects. The water compensation is realized by pipelines between reservoirs, and it has both parallel and series relations. In the water source allocation, the mutual allocation of local water and external water is difficult to consider, but so is the mutual compensation between reservoirs. The complex relationship among these objects in the system is the basic starting point of system generalization. Its main relationship can be divided into two categories: the relationship between reservoirs, and the relationship between waterworks and reservoirs. The relationship between reservoirs is mainly manifested in the mutual supply relation of the water volume between interconnected reservoirs, which includes the water supply from upstream reservoirs to downstream reservoirs, as well as the water supply from downstream reservoirs to upstream reservoirs through pumping stations. The amount of water between the two main water supply lines can also mutually supply each other (for example, the water of the Dongshen mainline can be supplied to the Dongbu mainline through the Shawan pumping station). The relationship between reservoirs and waterworks is mainly manifested in the relation of the water intake and supply between reservoirs and waterworks, including the source of water intake, the priority of water intake and the allocation principle of water. Each object in the network is connected by pipelines, which can be divided into two situations: sluice discharge and pumping station lifting. The method of obtaining a pipeline flow is determined by the supply-demand dynamic balance method, except that part of the pipeline needs special treatment. The network structure after the generalization is shown in Figure 2 . The complex relationship among these objects in the system is the basic starting point of system generalization. Its main relationship can be divided into two categories: the relationship between reservoirs, and the relationship between waterworks and reservoirs. The relationship between reservoirs is mainly manifested in the mutual supply relation of the water volume between interconnected reservoirs, which includes the water supply from upstream reservoirs to downstream reservoirs, as well as the water supply from downstream reservoirs to upstream reservoirs through pumping stations. The amount of water between the two main water supply lines can also mutually supply each other (for example, the water of the Dongshen mainline can be supplied to the Dongbu mainline through the Shawan pumping station). The relationship between reservoirs and waterworks is mainly manifested in the relation of the water intake and supply between reservoirs and waterworks, including the source of water intake, the priority of water intake and the allocation principle of water. Each object in the network is connected by pipelines, which can be divided into two situations: sluice discharge and pumping station lifting. The method of obtaining a pipeline flow is determined by the supply-demand dynamic balance method, except that part of the pipeline needs special treatment. The network structure after the generalization is shown in Figure 2 . 
Forecasting Model of Water Demand and Its Allocation in Waterworks
Water source dispatching is based on the prediction of the water demand of waterworks, and its accuracy directly affects the rationality and reliability of dispatching decision-making [35, 36] . At present, there are many methods for water demand prediction. A linear regression model, grey prediction model [37] , neural network model, support vector machine [38] and other models were applied in urban water demand prediction. As the end-user of the raw water system, satisfying the water demand of waterworks is the basic goal in a water source operation. Therefore, it is necessary to forecast the water demand of the networked waterworks. The forecasting results will be regarded as the boundary condition for formulating water source dispatching schemes, and they are also an important index in the objective function that is used to measure the dissatisfaction depth of waterworks.
In this paper, through the comprehensive analysis of the historical water consumption data, a suitable mathematical model is constructed by using the combination of the zonal water volume prediction and the single waterworks water volume prediction. The water demand process of each waterworks during the operation period is predicted through this model, and it is taken as the water 
In this paper, through the comprehensive analysis of the historical water consumption data, a suitable mathematical model is constructed by using the combination of the zonal water volume prediction and the single waterworks water volume prediction. The water demand process of each waterworks during the operation period is predicted through this model, and it is taken as the water demand of the system. The idea of the forecasting model is as follows. First, determine the water use growth level of each region, then calculate the water use growth rate and the total water usage of the whole city; after this, coordinate the total water usage of each area according to the plan and control objectives, and control the water use growth rate and total water usage of the whole city, before finally determining the total volume of the water supply of each waterworks and its annual distribution by an iteration calculation.
The formula of water demand forecasting can be expressed as follows:
where W t is the predicted water demand of a certain region or a certain waterworks in the t-th stage. R is the water consumption growth rate at this stage, and W t,pre is the corresponding water demand at the same stage of last year. Because of different economic developments in different regions, the growth rate of the water usage in different regions will be different. Meanwhile, the growth rate of the water supply of different waterworks in the same district is sometimes also different. Therefore, before forecasting the water demand of the whole city, it is important to determine the reasonable water utilization growth rate of each region and the water supply growth rate of each waterworks. The appropriate growth rate can be set according to the different economic development conditions of each area in the forecasting. Generally, at the beginning of the year, the default initial value is set to the growth rate of the water supply of last year relative to the previous year. Then, for the next year, the daily water consumption of each waterworks in each region can be calculated according to the determined growth rate, the total water consumption and annual cumulative value of each region can be calculated, and the total water consumption and growth rate of the whole city can be calculated as well.
In each year's actual dispatching, through the analysis of the completed dispatching results, the predicted value of the water demand in each region can be revised on a rolling basis, so as to make the annual dispatching results meet the budget of each region as far as possible, while at the same time meeting the requirements of total control for the external water resources in the whole city. This process is not generic; it is mainly based on the water supply situations in Shenzhen City. The water demand forecasting process is shown in Figure 3 .
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In each year's actual dispatching, through the analysis of the completed dispatching results, the predicted value of the water demand in each region can be revised on a rolling basis, so as to make the annual dispatching results meet the budget of each region as far as possible, while at the same time meeting the requirements of total control for the external water resources in the whole city. This process is not generic; it is mainly based on the water supply situations in Shenzhen City. The water demand forecasting process is shown in Figure 3 . In the process of the water resources allocation, it is necessary to determine the amount of water supplied by reservoirs to waterworks in each stage. The water demand of each waterworks in each stage can be obtained by the forecasting model. However, due to the multi-sources water intake situation of waterworks, the water demand of waterworks in each stage cannot be directly equal to the water supply of reservoirs. The system needs to distribute the water demand of waterworks according to the priority of the water diversion from the reservoir to waterworks, that is, it needs to distribute the water demand of waterworks to each water source. In this paper, three kinds of water allocation methods are designed to deal with this problem: to allocate the water demand according to the priority of diversion of reservoirs, or the principle of equal quantity, or the principle of equal proportion. The flowchart of the water allocation is shown in Figure 4 . In the process of the water resources allocation, it is necessary to determine the amount of water supplied by reservoirs to waterworks in each stage. The water demand of each waterworks in each stage can be obtained by the forecasting model. However, due to the multi-sources water intake situation of waterworks, the water demand of waterworks in each stage cannot be directly equal to the water supply of reservoirs. The system needs to distribute the water demand of waterworks according to the priority of the water diversion from the reservoir to waterworks, that is, it needs to distribute the water demand of waterworks to each water source. In this paper, three kinds of water allocation methods are designed to deal with this problem: to allocate the water demand according to the priority of diversion of reservoirs, or the principle of equal quantity, or the principle of equal proportion. The flowchart of the water allocation is shown in Figure 4 . 
Model of Raw Water Allocation
Objective Function
Because of the status of the Shenzhen Special Economic Zone and the goal of striding towards an international metropolis, the primary task is to ensure the safety of the water supply in meeting 
Because of the status of the Shenzhen Special Economic Zone and the goal of striding towards an international metropolis, the primary task is to ensure the safety of the water supply in meeting the water demand of waterworks or the guaranteed rate of the water supply in Shenzhen. Therefore, considering factors such as the water supply guaranteed rate and the budget balance of each water source management unit, the objective of the raw water allocation model is determined as follows: Maximizing the water supply guaranteed rate of the multi-water source system under the given requirements; the objective function can be expressed as follows:
where the function Time(Q i ) j is used to calculate the number of times when the water supply of the j-th waterworks is violated. If Q i < Q i,plan , then Time(Q i ) j = 1, and if Q i > = Q i,plan , then Time(Q i ) j = 0.
Constraints
The main constraints of the model include the water balance constraints of the reservoirs [39] [40] [41] , the diversion capacity constraints of the pipelines, the lifting capacity constraints of the pumping stations, the overflow capacity constraints of the gates, the storage capacity constraints of the reservoirs, and so on. 1 Water balance constraints of the reservoirs: V ji+1 = V ji + WY ji + WZC ji − WG ji − WZG ji j = 1, 2, · · · · · · , N; i = 1, 2, · · · · · · , T
2 Water balance constraints of the waterworks:
WY k ji j = 1, 2, · · · · · · , m; i = 1, 2, · · · · · · , T (4) 3 Water balance constraints of the water intake nodes (Water source / Virtual reservoir): 4 Constraints of the capacity of the reservoirs, pumping stations and pipelines:
WG ji ≤ WGM ji j = 1, 2, . . . , N; i = 1, 2, . . . , T
WY ji ≤ WSM ji j = 1, 2, . . . , q; i = 1, 2, . . . , T
WB ji ≤ WBM ji j = 1, 2, . . . , v; i = 1, 2, . . . , T
Solving of Raw Water Allocation Model
Considering the complexity of the water supply system in Shenzhen, this paper uses the dynamic simulation of the supply-demand balance as the solving method for the water allocation model. In addition, in view of the complex structure, and the large dimension and strong coupling of the model, the decomposition and coordination method of the large-scale system is introduced to solve the model. The water supply system of the whole city is regarded as a complex large-scale system, and the Dongbu and Dongshen mainlines are regarded as two-level coordination subsystems. The objective subsystem is determined by the combination of the management unit and administrative division, and each subsystem is solved separately to alleviate the difficulty caused by the multi-dimension of solving the model. The hierarchical structure of the model is shown in Figure 5 . The boundaries of each subsystem are shown by the dotted line frame in Figure 2 .
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Considering the complexity of the water supply system in Shenzhen, this paper uses the dynamic simulation of the supply-demand balance as the solving method for the water allocation model. In addition, in view of the complex structure, and the large dimension and strong coupling of the model, the decomposition and coordination method of the large-scale system is introduced to solve the model. The water supply system of the whole city is regarded as a complex large-scale system, and the Dongbu and Dongshen mainlines are regarded as two-level coordination subsystems. The objective subsystem is determined by the combination of the management unit and administrative division, and each subsystem is solved separately to alleviate the difficulty caused by the multi-dimension of solving the model. The hierarchical structure of the model is shown in Figure  5 . The boundaries of each subsystem are shown by the dotted line frame in Figure 2 . The overall solving steps of the water allocation model can be summarized as follows:
Step1: According to the water demand model, obtain the water demand of each waterworks during the operation period, and determine the initial boundary conditions, including the initial states of the reservoirs, waterworks and pumps. The overall solving steps of the water allocation model can be summarized as follows:
Step1: According to the water demand model, obtain the water demand of each waterworks during the operation period, and determine the initial boundary conditions, including the initial states of the reservoirs, waterworks and pumps.
Step2: Calculate the water allocation step by step according to the hierarchical structure of the large-scale system, and take the water quantity of the first level calculation as the boundary condition of the second level calculation.
Step3: In the second level calculation, first calculate the supply-demand balance of the dispatching schemes formulated by each subsystem, and determine the calculation results of the allocation schemes for each subsystem.
Step4: Then, at a higher level, carry out the coordination and feedback iterative calculation for each sub-problem by means of coordinated variables (diversion water volume), to obtain the overall optimal or satisfactory water allocation scheme for the reservoir subsystem.
Step5: Finally, feedback the optimal solution of the second level calculation to the waterworks, and the waterworks continuously carry out the allocation and feedback according to the results until the water supply guaranteed rate of the waterworks reaches the maximum (the unsatisfactory degree reaches the minimum), and then terminate the calculation.
Step6: Output the optimal water allocation scheme that has the maximum guaranteed rate of the water supply system.
In addition, in view of the complexity and particularity of the Shenzhen water supply system, in the process of solving the above model, a method combining the forward calculation mode and reverse calculation mode is designed to solve the problem. The forward calculation mode controls the waterworks, pump stations and gates, and the reverse calculation mode controls the reservoirs and waterworks. The forward calculation mode refers to the actual operation mode, it is taken as the main method of the system simulation, and it is mainly used to simulate and predict the implementation effect of the operation scheme. As the feedback mode of the forward calculation mode, the reverse calculation mode is mainly used to provide the data reference for the input flow of the pump stations and gates in the forward calculation mode. The comparison between the forward calculation mode and reverse calculation mode is shown in Table 2 . (1) Forward calculation mode By controlling the flow of the pumping stations and gates, the forward calculation mode uses the water allocation model to simulate the operation process, and calculates the water supply process of the system and the water storage state of each reservoir at the end of the operation period. The calculation process of the forward calculation mode is consistent with the actual operation process. It is the main method for the dispatching and simulation of the system. At the same time, this mode can simulate and predict the implementation effect of the system scheduling schemes under various objectives and show the results. The core calculation process of the forward calculation mode is shown in Figure 6 .
In the process of the model calculation, if the results calculated through the initial water demand of the waterworks, and the initial flow process of the pump stations and gates do not meet the requirements, the initial conditions of the waterworks, pump stations and gates need to be reset, and then their control conditions need to be reset according to the calculation results of the reverse calculation mode at this time. Here, the calculated results include the final state of the reservoirs, the water shortage of the waterworks and the discarded water of the reservoirs.
(2) Reverse calculation mode By setting the expected state of the reservoir, which is generally the water level, the water volume of each reservoir at the end of the dispatching period and the water demand of each waterworks at each stage, this mode uses the water allocation model to simulate the operation process, and calculates the water supply process of the system and the flow process of each pump station and gate. It is another application of the water allocation model under this calculation mode. The results obtained from this reverse calculation mode can provide a basis for setting the control conditions in the forward calculation mode. The core calculation flowchart of this reverse mode is shown in Figure 7 .
In the process of the model calculation, if the results calculated through the initial water demand of the waterworks, and the initial flow process of the pump stations and gates do not meet the requirements, the initial conditions of the waterworks, pump stations and gates need to be reset, and then their control conditions need to be reset according to the calculation results of the reverse calculation mode at this time. Here, the calculated results include the final state of the reservoirs, the water shortage of the waterworks and the discarded water of the reservoirs. (2) Reverse calculation mode By setting the expected state of the reservoir, which is generally the water level, the water volume of each reservoir at the end of the dispatching period and the water demand of each waterworks at each stage, this mode uses the water allocation model to simulate the operation process, and calculates the water supply process of the system and the flow process of each pump station and gate. It is another application of the water allocation model under this calculation mode. The results obtained from this reverse calculation mode can provide a basis for setting the control conditions in the forward calculation mode. The core calculation flowchart of this reverse mode is shown in Figure 7 .
Reservoir at the next node In the reverse calculation mode of controlling reservoirs and waterworks, aimed at meeting the planned water demand of waterworks and the requirement of the reservoir water level at the end of the operation period, various water sources (external water and self-produced water) in the water supply system are taken as supply resources; and according to the model constraints, the calculation criteria and the dynamic balance principle of supply and demand, the reverse recurrence is carried out from the waterworks at the last level of the network, and the upward catchment calculation is carried out step by step up to the intake port of the water source. If the water level constraints or pipeline capacity constraints are not satisfied in the reverse calculation process, the corresponding constraint boundaries will be used for feedback regulation to reduce the downstream water supply until all the constraints are met. After reducing the downstream water supply, the water demand of the waterworks will certainly be insufficient. The water should be first allocated according to the priority of the waterworks at this time. If the priority is the same, the water demand will be allocated according to the proportion of the water demand of the waterworks. The flow process of the pumping stations and gates calculated by the reverse calculation mode is a curve process with one day as the stage length, which is not conducive to the implementation of the actual operation. Therefore, it is necessary to transform it into a sawtooth flow process and to bring it into the forward calculation mode to check whether the input flow of the pump stations and gates meets the requirements or not. In the reverse calculation mode of controlling reservoirs and waterworks, aimed at meeting the planned water demand of waterworks and the requirement of the reservoir water level at the end of the operation period, various water sources (external water and self-produced water) in the water supply system are taken as supply resources; and according to the model constraints, the calculation criteria and the dynamic balance principle of supply and demand, the reverse recurrence is carried out from the waterworks at the last level of the network, and the upward catchment calculation is carried out step by step up to the intake port of the water source. If the water level constraints or pipeline capacity constraints are not satisfied in the reverse calculation process, the corresponding constraint boundaries will be used for feedback regulation to reduce the downstream water supply until all the constraints are met. After reducing the downstream water supply, the water demand of the waterworks will certainly be insufficient. The water should be first allocated according to the priority of the waterworks at this time. If the priority is the same, the water demand will be allocated according to the proportion of the water demand of the waterworks. The flow process of the pumping stations and gates calculated by the reverse calculation mode is a curve process with one day as the stage length, which is not conducive to the implementation of the actual operation. Therefore, it is necessary to transform it into a sawtooth flow process and to bring it into the forward calculation mode to check whether the input flow of the pump stations and gates meets the requirements or not.
So far, a double-layer feedback regulation mechanism has been formed, which takes the reverse calculation mode as the outer feedback and the reservoir water level or pipeline capacity as the inner feedback. The solving process of the dynamic simulation of the supply-demand balance based on this double-layer feedback regulation is shown in Figure 8 . So far, a double-layer feedback regulation mechanism has been formed, which takes the reverse calculation mode as the outer feedback and the reservoir water level or pipeline capacity as the inner feedback. The solving process of the dynamic simulation of the supply-demand balance based on this double-layer feedback regulation is shown in Figure 8 . 
Case Study
Based on the above water allocation model and the solving method, a case study is carried out in Shenzhen City, which takes the interval of March 2 to March 10, 2013 as the operation period, and takes one day as the length of the operation stage. In this case study, the contexts include the initial boundary setting of the reservoir, waterworks, pump stations and gates, and the water demand calculation of the waterworks and results analysis, etc. In addition, it should be noted that the main object of this study is the raw water and its rational allocation among the waterworks. As for how to deal with such raw water in the waterworks and how to supply water to users after treatment, no relevant research has been done in this case.
Input Data and Boundary Conditions
The initial boundary conditions of the operation scheme include two parts: (1) the initial state of the reservoirs, waterworks, pump stations and gates, and (2) the water demand of the waterworks during the operation period. The initial state includes the initial state of the reservoirs (including the current water level, current reservoir volume, yesterday's water supply to the waterworks, etc.), the 
Case Study
Input Data and Boundary Conditions
The initial boundary conditions of the operation scheme include two parts: (1) the initial state of the reservoirs, waterworks, pump stations and gates, and (2) the water demand of the waterworks during the operation period. The initial state includes the initial state of the reservoirs (including the current water level, current reservoir volume, yesterday's water supply to the waterworks, etc.), the water demand of the waterworks, and the initial flow of the pump stations and gates at the beginning of the operation period. The initial state of the reservoirs is shown in Appendix A Table A1 . For a comparison, in Appendix A Table A1, besides the current water level, the current reservoir volume and yesterday's water supply to the waterworks, some characteristic values of the reservoir (such as the normal water level, dead water level, and the corresponding storage capacity) are also provided. In addition, the unit of the water level in Appendix A Table A1 is the meter, and the unit of the reservoir storage capacity and water volume is 10 4 cubic meters.
The water demand of waterworks at the beginning of the operation period (March 2, 2013) is shown in Appendix A Table A2 . The unit of the water demand and cumulative water supply is 10 4 cubic meters in Appendix A Table A2 . The initial flow of the pumping stations and gates at the beginning of the operation period (March 2, 2013), and the design maximum flow, are shown in Table 3 . Only the case in which the flow of the pumping stations and gates is over zero is provided in this table, while the other initial flows of the pumping stations and gates are all zero. The unit of flow in Table 3 is 10 4 cubic meters per day. Using the water demand forecasting method provided in Section 2.2., the water demand of each waterworks in each stage from March 2 to March 10, 2013 can be obtained, as shown in Appendix A Table A3 . In the process of the water resources allocation, in order to determine the water supply of the reservoirs to the waterworks, the priority of water diversion is used to allocate the water demand of the waterworks. In the process of the model calculation, many constraints will be considered, among which the maximum capacity of the pipelines is one of the most important constraint. Limited to the length of this paper, the maximum capacity values of the main pipelines in this system are provided, as shown in Table 4 . In the case calculation, the Visio Studio 2017 development platform and C# programming language have been used to program the algorithm and calculate the model. 
Results and Analysis
The results of this case study include three parts, i.e., the variation processes of the water level and water volume in the key reservoirs, the operation process of the key waterworks and the operation situation of each water management unit during the operation period.
(1) Water level variations and water volume variations of the key reservoirs during the operation period.
Limited to the large number of reservoirs and waterworks in this system, only the water level variations and water volume variations of some key reservoirs are provided in this paper.
The operation process of the Xili reservoir from March 2, 2013 to March 10, 2013 is shown in Table 5 , and Figures 9 and 10 . As can be seen from Figure 2 , the Dongxi and Dachong waterworks are the water supply waterworks of the Xili reservoir, the Tiegang reservoir is the water supply reservoir, and the Dongbu mainline and Changpiling reservoir are the water sources of the Xili reservoir. In Table 5 , the total water from outside means the amount of water diverted from the mainline and from other reservoirs, the total water supply means the amount of water supplied to the waterworks, and the transferred water to reservoir means the amount of water supplied to other reservoirs. From Table 5 , and Figures 9 and 10 , it can be seen that the total water input of the Xili reservoir is larger than the total output during the operation period, so the reservoir is in the state of storing water, the reservoir's water supply to the waterworks has not been interrupted, and the constraints (such as the water level and reservoir storage capacity) have also not been violated. In addition to this, during the operation period, the rainfall and runoff are zero, the reservoir is only used for the water supply, there is no discharge for the downstream river, and the reservoir evaporation is neglected in the calculation because of the unavailability of data. The operation process of the Shiyan reservoir from March 2, 2013 to March 10, 2013 is shown in Table 6 , and in Figures 11 and 12 . According to Figure 2 , the water supply waterworks of the Tiegang reservoir include the Xin'an waterworks, Zhuao waterworks, Shekou waterworks and Dachong waterworks. The water source is the Xili reservoir, and the water supply reservoir is the Shiyan reservoir (the Shiyan reservoir pumps water from the Tiegang reservoir through the Tieshi pumping station under conventional conditions, and the Shiyan reservoir discharges water through a spillway to the Tiegang reservoir under unconventional conditions). From Table 6 , and from Figures 11 and  12 , it can be seen that the Shiyan reservoir is in a state of supplying water during the operation period under the constraints of the water level and reservoir capacity, that is, the daily water diversion is less than the daily water supply, but no violation occurs. The operation process of the Shiyan reservoir from March 2, 2013 to March 10, 2013 is shown in Table 6 , and in Figures 11 and 12 . According to Figure 2 , the water supply waterworks of the Tiegang reservoir include the Xin'an waterworks, Zhuao waterworks, Shekou waterworks and Dachong waterworks. The water source is the Xili reservoir, and the water supply reservoir is the Shiyan reservoir (the Shiyan reservoir pumps water from the Tiegang reservoir through the Tieshi pumping station under conventional conditions, and the Shiyan reservoir discharges water through a spillway to the Tiegang reservoir under unconventional conditions). From Table 6 , and from Figures 11 and 12, it can be seen that the Shiyan reservoir is in a state of supplying water during the operation period under the constraints of the water level and reservoir capacity, that is, the daily water diversion is less than the daily water supply, but no violation occurs. The operation process of the Shiyan reservoir from March 2, 2013 to March 10, 2013 is shown in Table 6 , and in Figures 11 and 12 . According to Figure 2 , the water supply waterworks of the Tiegang reservoir include the Xin'an waterworks, Zhuao waterworks, Shekou waterworks and Dachong waterworks. The water source is the Xili reservoir, and the water supply reservoir is the Shiyan reservoir (the Shiyan reservoir pumps water from the Tiegang reservoir through the Tieshi pumping station under conventional conditions, and the Shiyan reservoir discharges water through a spillway to the Tiegang reservoir under unconventional conditions). From Table 6 , and from Figures 11 and 12 , it can be seen that the Shiyan reservoir is in a state of supplying water during the operation period under the constraints of the water level and reservoir capacity, that is, the daily water diversion is less than the daily water supply, but no violation occurs. (2) Operation process of the key waterworks during the operation period.
Taking the Changliubi and Shiyan waterworks as examples, the operation processes of these key waterworks during the operation period are shown as follows.
According to Figure 2 , it can be seen that the water source of the Changliubi waterworks is the Changliubi and Shiyan reservoir. The water supply process of the Changliubi waterworks during the operation period is shown in Table 7 and Figure 13 . It can be seen that the planned water supply of this waterworks is exactly equal to the actual water supply during the operation period. Consequently, the water supply and demand of this waterworks are balanced, and the water supply satisfaction rate is 100% during this period. (2) Operation process of the key waterworks during the operation period.
According to Figure 2 , it can be seen that the water source of the Changliubi waterworks is the Changliubi and Shiyan reservoir. The water supply process of the Changliubi waterworks during the operation period is shown in Table 7 and Figure 13 . It can be seen that the planned water supply of this waterworks is exactly equal to the actual water supply during the operation period. Consequently, the water supply and demand of this waterworks are balanced, and the water supply satisfaction rate is 100% during this period. According to Figure 2 , it can be seen that the water source of the Shiyan waterworks is the Shiyan reservoir, which is a single water source waterworks. The water supply process of the Shiyan waterworks during the operation period is shown in Table 8 and Figure 14 . It can be seen that the planned water supply of the Shiyan waterworks is exactly equal to the actual water supply during the operation period. Consequently, the water supply and demand of the Shiyan waterworks are balanced, and the water supply satisfaction rate is 100% during this period. According to Figure 2 , it can be seen that the water source of the Shiyan waterworks is the Shiyan reservoir, which is a single water source waterworks. The water supply process of the Shiyan waterworks during the operation period is shown in Table 8 and Figure 14 . It can be seen that the planned water supply of the Shiyan waterworks is exactly equal to the actual water supply during the operation period. Consequently, the water supply and demand of the Shiyan waterworks are balanced, and the water supply satisfaction rate is 100% during this period. According to the subsystems determined in Figure 5 , the water supply satisfaction rate of each waterworks in each subsystem is counted, and the results are shown in Table 9 . It can be seen that the guaranteed rate of each subsystem is over 97%. Therefore, the water demand of the whole city's waterworks has basically been well met during the operation period. Here, not all of the water demands are 100% satisfied, mainly because there are some single source waterworks in the system, and the water source of these waterworks is also not linked with the Dongshen or the Dongbu mainline, so the water demand cannot be supplemented during some stages. This applies, for example, to the Jingzi waterworks in subsystem II, Wutongshan waterworks, Meisha and Yanluo waterworks in subsystem III, Tangkeng waterworks in subsystem VI, etc. According to the subsystems determined in Figure 5 , the water supply satisfaction rate of each waterworks in each subsystem is counted, and the results are shown in Table 9 . It can be seen that the guaranteed rate of each subsystem is over 97%. Therefore, the water demand of the whole city's waterworks has basically been well met during the operation period. Here, not all of the water demands are 100% satisfied, mainly because there are some single source waterworks in the system, and the water source of these waterworks is also not linked with the Dongshen or the Dongbu mainline, so the water demand cannot be supplemented during some stages. This applies, for example, to the Jingzi waterworks in subsystem II, Wutongshan waterworks, Meisha and Yanluo waterworks in subsystem III, Tangkeng waterworks in subsystem VI, etc. Generally speaking, the raw water allocation in Shenzhen based on the model proposed in this paper can meet the water demand and ensure the normal water supply of each waterworks.
(3) Budget analysis of the water resources management units.
In the process of solving the model, the budget balance requirement of each water resources management unit can be further considered. In order to compare with the actual operation in March 2-10 in 2012 and the planned operation in March 2-10 in 2013, this paper uses the same boundary conditions and initial conditions to calculate the scheme with the model. After the iteration calculation of different levels of objectives, the scheduling scheme considering the budget target of water resources management units is obtained. According to the statistics of the actual and planned operation scheme during March 2-10 and the simulation operation scheme of this model, the budget situation of each management unit is obtained, as shown in Table 10 . Where the total income represents the gross income of the water supply, the electricity charge refers to the electricity cost of the pumping station for water lifting. The Dongshen mainline spends zero electricity costs because all the water is self-flowing during the operation period and no water lifting is needed. Water resources charges are paid to intake water from external water sources. The net income means the total income minus the electricity charge and water resources charge. In addition, depreciation losses of the pumping stations, gates and pipelines are not taken into account in the calculation. Tips: the exchange rate of RMB to USD is 6.72 in March 2013, and the exchange rate of USD to RMB is 0.1488. The total income, electricity charge, water resources charge and net income of the four water management units during the period of 2-10 March under three conditions (Actual 2012, Planned 2013, Simulated results) are shown in Figures 15-18 , respectively. Overall, from the four figures, it can be seen that the total income, expenditure on electricity, water resources charge, and net income of the Dongbu and Tieshi units in the period of 2-10 March are similar in the three situations, and the budget is basically consistent with the simulation results, while the four indicators of the other two water management units (Dongshen and Beibu) are quite different in the three situations. fee of Tieshi, which has been reduced from 5921 in Planned 2013 to 4544 in the simulated calculation, and the expenditures on the electricity and water resources fee of Beibu, which have been reduced, respectively, from 935 in Planned 2013 to 136 in the simulated calculation, and from 4103 in Planned 2013 to 601 in the simulated calculation. From this result, it can be seen that the model and the solving method proposed in this paper can solve the problem of raw water allocation in Shenzhen very well, and that it can consider and basically maintain the budget balance of the water resources management units in the model calculation. In addition, under the same boundary conditions, this model can effectively reduce the expenditure of electricity and water resources, and increase the net income of the water supply system through the optimization. Figure 16 . The total income, water resources fee and net income of Dongbu during the period from 3.2 to 3.10 under different situations (unit: 10 4 yuan). Compared with the research results of other literatures, such as [27] , the authors also studied the balance between the supply and demand of water resources in Shenzhen, and established a system dynamics model by which the water supply and demand in Shenzhen City was simulated from 2015 In addition, for Tieshi and Beibu, it can be seen that the total income of the simulated results decreased when compared with Actual 2012 and Planned 2013, but the net income increased. The main reason for this is that, compared with Actual 2012 and Planned 2013, the expenditure on electricity and water resources of the simulated results has decreased, especially the water resources fee of Tieshi, which has been reduced from 5921 in Planned 2013 to 4544 in the simulated calculation, and the expenditures on the electricity and water resources fee of Beibu, which have been reduced, respectively, from 935 in Planned 2013 to 136 in the simulated calculation, and from 4103 in Planned 2013 to 601 in the simulated calculation. From this result, it can be seen that the model and the solving method proposed in this paper can solve the problem of raw water allocation in Shenzhen very well, and that it can consider and basically maintain the budget balance of the water resources management units in the model calculation. In addition, under the same boundary conditions, this model can effectively reduce the expenditure of electricity and water resources, and increase the net income of the water supply system through the optimization.
Compared with the research results of other literatures, such as [27] , the authors also studied the balance between the supply and demand of water resources in Shenzhen, and established a system dynamics model by which the water supply and demand in Shenzhen City was simulated from 2015 to 2030, and some meaningful conclusions had been achieved. However, the complexity of Shenzhen's water supply system was not described and modeled in this literature, and only the balance between the supply and demand of the water volume was studied, while the department budget was not discussed. In the literature [42] , in order to improve the water supply security better in terms of the water quality and quantity in the water system, the authors adopted the method of decomposition and coordination of a large-scale system; by integrating the optimal operation of the water quantity, water quality simulation and strategy analysis of the water quality control, they established a water quality and quantity control coupling model for Shenzhen's water supply system. The application results proved that the model proposed in this paper was feasible and effective, offering a new method to improve the raw water quality supply security. However, in this literature, only 7 key reservoirs and 21 waterworks in Shenzhen were studied. A large number of existing reservoirs and waterworks that have a mutual influence with each other were not considered, and the degree of simplification was relatively large, making the system scale much smaller than the system scale in this paper. Consequently, by contrast, the research of Shenzhen's water supply system is not only huge in scale in this paper, but also more comprehensive in targets and factors, which has a greater practical application value.
Conclusions
In this paper, the raw water allocation problem of Shenzhen City is taken as the research object. Through the generalization and description of a one-to-many, many-to-one complex network relationship in this system, the network topology of the water source supply system is established, which includes 46 reservoirs, 67 waterworks, 2 external diversion water sources, 14 pumping stations and 9 gates. Combining the forecasting model of the water demand of waterworks and aimed at meeting the guaranteed rate requirement of the water supply of a multi-sources system, a water allocation model for large-scale cities is established. Based on this model, the raw water allocation problem in Shenzhen is studied in depth, and the following conclusions are drawn.
(1) The double-layer feedback mechanism proposed in this paper, which takes the reverse calculation mode as the outer feedback and the reservoir water level or pipeline capacity constraint as the inner feedback, can solve the water allocation problem of a complex water supply system in large cities very well, and has an important application value and practical significance.
(2) Taking Shenzhen as an example, the research in this paper not only realizes the generalization of a complex water supply network that includes 46 reservoirs, 67 waterworks and 14 pumping stations, but it also realizes the scientific and rational allocation of water resources in a large-scale complex water supply system through the proposed model.
(
3) The case study shows that under the same boundary conditions, compared with the original plan, the proposed model can effectively reduce the expenditure on electricity and water resources, and improve the net income of the water supply system.
Of course, there are still some shortcomings in the current research work. For example, after obtaining the water allocation scheme that meets the requirement on the guaranteed rate, the unfinished work of this paper is how to further reduce the cost of the scheme on the basis of the budget balance of the water resources management units, so as to optimize the economic performance of the scheme, and this is also the focus of our next work.
Nomenclature
G ji
the water supply from the water sources or reservoirs to the j-th waterworks in the i-th stage. M 1 the number of reservoirs connected with the j-th waterworks. M 2 the number of water sources connected with the j-th waterworks. M the number of water diversion nodes in each water sources. N the number of reservoirs. n the number of waterworks. P the guaranteed rate of water supply for the scheme. P 0 the designed guaranteed rate of water supply for the system, which is 97% in this paper. q the number of pipelines. 
